Trinh bay lai loi giai caa ban Minh:

Goi 9 56 d3 cho 13 ay; ay; ... ; .

Xét tinh chia hét cho 5 nén ta coi nhu a; €{0;1;2;3;4%i=1;9.

Giasta; <a, <+ < aq.

Néu nhu ton tai chiséidé a; = ajathidoa; < ajpq < - < 4 NEN A = Qi =+ = Aypa

Khi d6 trong 9 sb ta chi can chon 5 86 a;; a;41; ... @j44 thi tong 5 6 d6 chia hét cho 5.

XétTH a; < a;44Vi = 1;5.

Dit A; = {a; ai44}; 1 = T4 va A = {a,).

Ta dinh nghia hai phép toan sau:
X+Y={(x+y)mod5x € X;y €Y}
X+a={(x+a)mod5x € X}

batS; =4, + A4, + -+ A4;(i £5)

Goi m(X) la s6 phan tir ciia X. Khi d6 m(S;) < 5.

Ta c6: m(Ss) = m(S,) (B&i Vi tap hop S, c6 phan tir (a; + a; + ay, + a,) thi tap Ss ciing ¢6
phan tur (a; + a; + ap + ag + as) va nguoc lai).

Tuong tuw: m(S;— + a;) = m(S;—1) = m(Si—1 + a;44) (1)
Véii=2;3;4taco:
Si=Sis1 A =S t{a;aiva) = {Sic1 + a3 U {Si—1 + Qypa} 2

Tir (1) va (2) suy ram(S;_;) < m(S;). (theo tinh chat hop caa 2 tap hop, xét khi nao dau = xay
ra ¢ phia dudi)

Vay thi 2 = m(S;) < m(S,) < m(S3) < m(S,) = m(Sg) < 5.

Néum(S,) < 5thido 2 = m(S;) < m(S,) < m(S;) <m(S,) <4 ,phaiton tai j € {1;2; 3}

Khido dat a;q = x;a505 = y. Vaythi 4, = {x; y}vax <y.

ViSii = {Sj + x} V) {Sj + y} ma m(Sj + x) = m(Sj + y) =m(S) = m(Sj+1)
NenS;+x=Si+y=5=5S+@—-x)=S5=5+@-x)+H—x), ..
Tac lanéu ldy z € S; thi z + n(y — x) € Sj(n = 0;1;2;3; 4).

Néam s6 bén trén 13 khac nhau (vi (y — x) va 5 la nguyén té cung nhau) nén m(S;) = 5, mau
thuan gia sa m(S,) < 5.

Vay thi m(S,) = 5, hay m(Ss) = 5.

Vay thi chic chic trong S ¢6 phan tir 0. Ma S5 14 tap hop sb du khi chia cho 5 cua téng cua 5 s6
trong 9 s6 da cho. No6i cach khac, trong 9 s ty nhién bat ki, lubn ton tai 5 sé ¢6 tong chia hét cho
5.



Nhdn xét: Bai todn ding khi thay 5 bdi s nguyén to bat ki, véi loi gidgi firong te. Dé dang ching
minh né ciing diing khi thay béi hop sé bt ki, twong tw khi chitng minh "Tar 11 s6 chon duwoc 6
s6 ¢6 tong chia hét cho 6"



